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3 $N$ , $a_{0}\geq b_{0}\geq 1$ $\sqrt{N}$ .
$a= \frac{-2a_{0}}{a_{0}^{2}-b_{0}^{2}N},$ $\beta=2a_{0}$ , $a_{-1}=1,$ $b_{-1}=0$ ,
$\{$
$a_{2n+1}=\alpha a_{2n}+a_{2n- 1}(ri=0,1,2,\cdots)$ (17)






, $N=2,$ $a_{0}=4,$ $b_{0}=3$ , $a= \frac{-2\cdot 4}{4^{2}-3^{2}\cdot 2}=4$ , $\beta=2\cdot 4=8$
.
3 , 2 , 3
, $a_{-1}$ , $b_{-1}$ , $N$ 1, 0
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, $[\ovalbox{\tt\small REJECT}]$ , . $\ovalbox{\tt\small REJECT}\ovalbox{\tt\small REJECT}$
$b_{0}$
.
$n\equiv 1,2$ (mOd4) $a_{n}’=-a_{n}$ , $n\equiv 0,3$ (mOd4) $a_{n}’=a_{n}$
$\{a_{n}’\}(n=-1,0,1,2,\cdots)$ , $\{b_{n}’\}$ , ,
$\{$
$a_{2n+1}’=-\alpha \mathrm{z}_{2n}’-a_{2n- 1}’$ $(n=0,1,2,\cdots)$
$a_{2n}’=ffi_{2n-1}’-a_{2n- 2}’$ $(n=1,2,\cdots)$
. $\{b_{n}’\}$ . $a_{\acute{0}}=a_{0},$ $b_{\acute{0}}=b_{0}$ $a,$ $\beta$ .
, $b_{0}$ Pell a02-b02N $=1$ , $-a=\beta=2a_{0}$ ,
,
$a_{n}’=2a_{0}a_{n-1}’-a_{n- 2}’$ $(n=1,2,\cdots)$ ,
. $\{b_{n}’\}$ . $a_{n}’/b_{n}’=a_{n}/b_{n}arrow\sqrt{N}(narrow\infty)$ . ,
2 .
, , 3 $\sqrt{2}$ ,
2 .
3 (17) , $a_{2n}= \frac{1}{a}(a_{2n+1}-a_{2n-1})$ $(n=0,1,2,\cdots),$ $n$ $n-1$ ,
$a_{2n-2}= \frac{1}{a}(a_{2n-1}-a_{2n-3})$ $(n=1,2,\cdots)$ , (18)[ ,
$\frac{1}{a}(a_{2n+1}-a_{2n-1})=ffi_{2n-1}+\frac{1}{a}(a_{2n-1}-a_{2n-3})$
{ , $a_{2n+1}=(a\beta+2)a_{2n-1}-a_{2n-3}$ $(n=1,2,\cdots)$ .




2 ( ) $p,$ $q$ .
$(a \beta+2)^{2}-4=a\beta(a\beta+4)=(\frac{-4a_{0}^{2}}{a_{0}^{2}-b_{0}^{2}N})(\frac{-4a_{0}^{2}}{a_{0}^{2}-b_{0}^{2}N}+4)=\frac{16a_{0}^{2}b_{0}^{2}N}{(a_{0}^{2}-b_{0}^{2}N)^{2}}>0$,





2 , $a_{0}>0$ , b .
, $p=- \frac{a_{0}-b_{0^{\sqrt{N}}}}{a_{0}+b_{0^{\sqrt{N}}}},$ $q=- \frac{a_{0}+b_{0}\sqrt{N}}{a_{0}-b_{0}\sqrt{N}}$ $|q|>|p|$ , $|pq|=1$ $0<|p|<1,$ $|q|>1$
. , (5) , 2 .
$A_{n}-pA_{n-1}=q(A_{n-1}-pA_{n-2})=\cdots=q^{n}$ (/ $-pA_{-1}$ ),
$A_{n}-qA_{n-1}=p(A_{n-1}-qA_{n-2})=\cdots=p^{n}$ (/ $-qA_{-1}$ ).
2 $A_{n-1}$ , $(q-p)A_{n}=(q^{n+1}-p^{n+1})A_{0}-(q^{n}-p^{n})A_{-1}$ ,
$\{b_{n}\}$ [ , $B_{n}=b_{2n+1}$ ,
$(q-p)B_{n}=(q^{n+1}-p^{n+1})B_{0}-(q^{n}-p^{n})B_{-1}$ (22)
, $\frac{A_{n}}{B_{n}}=\frac{(q^{n+1}-p^{n+1})A_{0}-(q^{n}-p^{n})A_{-1}}{(q^{n+1}-p^{n+1})B_{0}-(q^{n}-p^{n})B_{-1}}$ .
, $\Lambda_{0}=a_{1}=w_{0}+1$ , $A_{-1}=a_{-1}=1$ , $B_{0}=b_{1}=ab_{0}$ , $B_{-1}=b_{-1}=0$ ,
$\frac{a_{2n+1}}{b_{2n+1}}=\frac{(q^{n+1}-p^{n+1})(m_{0}+1)-(q^{n}-p^{n})}{(q^{n+1}-p^{n+1})d_{0}}$ .
$p^{n}arrow 0,$ $|q^{n}|arrow\infty(narrow\infty)$ , $q^{n}$ n\rightarrow ,
$\lim_{narrow\infty}\frac{a_{2n+1}}{b_{2n+1}}=\frac{q(m_{0}+1)-1}{qab_{0}}=\frac{m_{0}+1-p}{d_{0}}$ (23)
( [ $p$ . $lq=1$ ). , $a,$ $p$ ,
$m_{0}+1-p= \frac{-2a_{0}^{2}}{a_{0}^{2}-b_{0}^{2}N}+1+\frac{a_{0}-b_{0}\sqrt{N}}{a_{0}+b_{0}\sqrt{N}}=\frac{-2a_{0}b_{0^{\sqrt{N}}}}{a_{0}^{2}-b_{0}^{2}N}=ae_{0}\sqrt{N}$
(23) $\sqrt{N}$ .
$\lim_{narrow\infty}\frac{a_{2n}}{b_{2n}}=\sqrt{N}$ , $\{a_{n}\}$ , $\{b_{n}\}$
,
. (17), (19) ,
159
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. (22) ( $B_{0}=ab_{0},$ $B_{-1}=0$ )
$\frac{b_{2n-1}}{b_{2n+1}}=\frac{B_{n-1}}{B_{n}}=\frac{(q^{n}-p^{n})ab_{0}}{(q^{n+1}-p^{n+1})ab_{0}}=\frac{q^{n}-p^{n}}{q^{n+1}-p^{n+1}}$ .




, (23) (25) (24)
$\lim_{narrow\infty}\frac{a_{2n}}{b_{2n}}=\frac{\sqrt{N}-\sqrt{N}\cdot p}{1-p}=\sqrt{N}$ $(\ovalbox{\tt\small REJECT} \mathrm{E}fl\#_{\backslash })$ .
$N=2$ . $a_{1}$ , \mbox{\boldmath $\alpha$}2, $\cdot$ .. 6 , $\sqrt{2}$
.
9 , , .
$\frac{a_{0}}{b_{0}}=\frac{4}{3}=\frac{2}{a_{1}}$ , $\frac{a_{1}}{b_{1}}=\frac{4\cdot 4+1}{4\cdot 3}=\frac{17}{12}=a_{3}$ , $\frac{a_{2}}{b_{2}}=\frac{8\cdot 17+4}{8\cdot 12+3}=\frac{140}{99}=\frac{2}{a_{5}}$ ,
$\frac{a_{3}}{b_{3}}=\frac{4\cdot 140+17}{4\cdot 99+12}=\frac{577}{408}=a_{7},$ $\frac{a_{4}}{b_{4}}=\frac{8\cdot 577+140}{8\cdot 408+99}=\frac{4756}{3363}=\frac{2}{a_{9}}’\frac{a_{5}}{b_{5}}=\frac{4\cdot 4756+577}{4\cdot 3363+408}=\frac{19601}{13860}=a_{11}$
–$a_{1}2$ , $a_{3},$ $\frac{2}{a_{5}}$ , $a_{7},$ $\frac{2}{a_{9}},$ $a_{11},$ $\cdots$ 3 .







$\frac{a_{1}}{b_{1}}=\frac{-6\cdot 3+1}{-6\cdot 2+0}=\frac{-17}{-12}=a_{3}$ ($a_{1}=-17,$ $b_{1}=-12$ . ) ,
$\frac{a_{2}}{b_{2}}=\frac{6(-17)+3}{6(-12)+2}=\frac{-99}{-70}=a_{5}$ , $\frac{a_{3}}{b_{3}}=\frac{-6(-99)-17}{-6(-70)-12}=\frac{577}{408}=a_{7}$ , $\cdot$ ..
11 $\frac{a_{0}}{b_{0}}=\frac{6}{4}$ ( $a_{0}=6,$ $b_{0}=4$ ) , $a=-3$ , $\beta=12$ ,
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$\ovalbox{\tt\small REJECT}\sim 3a_{2}\ovalbox{\tt\small REJECT} a_{2n-1}$
, $\{b_{n}\}\}C’\supset \mathrm{V}^{\backslash }\mathrm{T}l\mathrm{J}\ovalbox{\tt\small REJECT}^{\vee}t$.
$\frac{a_{1}}{b_{1}}=\frac{-3\cdot 6+1}{-3\cdot 4}=\frac{-17}{-12}=a_{3}$ , $\frac{a_{2}}{b_{2}}=\frac{12(-17)+6}{12(-12)+4}=\frac{-198}{-140}=a_{5}$ , $\frac{a_{3}}{b_{3}}=\frac{-3(-198)-17}{-3(-140)-12}=\frac{577}{408}=a_{7}$ , $\cdot$ ..
10, .


















13 $a_{0}=b_{0}=1$ , $a=\beta=2$ , , $n$ ,
$a_{n}=2a_{n-1}+a_{n-2}$ , $b_{n}=2b_{n-1}+b_{n-2}$ $(n=1,2,\cdots)$
( ).
$\frac{a_{1}}{b_{1}}=\frac{2+1}{2}=\frac{3}{2}=a_{1},$ $\frac{a_{2}}{b_{2}}=\frac{2\cdot 3+1}{2\cdot 2+1}=\frac{7}{5}=a_{2}$ , $\frac{a_{3}}{b_{3}}=\frac{2\cdot 7+3}{2\cdot 5+2}=\frac{17}{12}=a_{3},$ $\frac{a_{4}}{b_{4}}=\frac{2\cdot 17+7}{2\cdot 12+5}=\frac{41}{29}=a_{4\prime}$ ...





, $\frac{a_{1}}{b_{1}}=\frac{-2\cdot 2+1}{-2\cdot 1+0}=\frac{-3}{-2}=a_{1},$ $\frac{a_{2}}{b_{2}}=\frac{4(-3)+2}{4(-2)+1}=\frac{-10}{-7}=\frac{2}{a_{2}},$ $\frac{a_{3}}{b_{3}}=\frac{-2(-10)+(-3)}{-2(-7)+(-2)}=\frac{17}{12}=a_{3}$
$\frac{a_{4}}{b_{4}}=\frac{4\cdot 17+(-10)}{4\cdot 12+(-7)}=\frac{58}{41}=\frac{2}{a_{4}},$ $\frac{a_{5}}{b_{5}}=\frac{-2\cdot 58+17}{-2\cdot 41+12}=\frac{-99}{-70}=a_{\mathit{5}},$
$\cdots$ .
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